ABSTRACT. We establish a stability result concerning the functional equation:
in a large class of complete probabilistic normed spaces, via fixed point theory. 
Introduction
The study of stability problems for functional equations is related to a question of Ulam [27] concerning the stability of group homomorphisms, affirmatively answered by Hyers [7] and further generalized by Aoki [1] for additive mappings and by Rassias [24] for linear mappings. The notion of the Hyers-Ulam-Rassias stability for a functional equation originates from the paper of Rassias [24] . There is a vast literature concerning the Hyers-Ulam-Rassias stability of functional equations. For some information on such problems the interested reader is referred to the papers [3, 5, 8, 9, 11, 25] . The notion of fuzzy stability of the functional equations has been introduced in [20] , and developed in the recent papers [2] , [13] - [22] .
Radu [23] pointed out that a fixed point alternative method can be successfully used to solve the Ulam problem. The fixed point method in the study of the probabilistic stability of functional equations firstly appears in [17] . In [14] and [15] a fixed point theorem of Luxemburg and Jung is used in order to prove the probabilistic stability of some functional equations. In this paper we apply the fixed point method to investigate the Hyers-Ulam-Rassias stability for the functional equation:
where m ≥ 2 is a given integer and the unknown is a mapping f from a real linear space to a Menger probabilistic ϕ-normed space (the notion of Menger probabilistic ϕ-normed space has been recently introduced in this journal by Golet [6] (i) T is commutative and associative;
Two typical examples of continuous t-norms are
The concept of Menger probabilistic ϕ-normed space has been introduced by Goleţ in [6] .
Let ϕ be a function defined on the real field R into itself, with the following properties:
(a) ϕ(−t) = ϕ(t) for every t ∈ R; 
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Examples of such functions are:
, where X is a real vector space, T is a continuous t-norm, and ν is a mapping from X into D + such that the following conditions hold:
for all x in X, α = 0 and t > 0;
We note that probabilistic ϕ-normed spaces include, in a natural way, p-normed spaces ( [6] ).
If (X, ν, T ) is a Menger probabilistic ϕ-normed space under a continuous t-norm
is a complete system of neighborhoods of null vector for a linear topology on X generated by the ϕ-norm ν ( [6] ).
Ò Ø ÓÒ 1.3º Let (X, ν, T ) be a Menger probabilistic ϕ-normed space.
(i) A sequence {x n } in X is said to be convergent to x in X in the topology τ if for every t > 0 and ε > 0, there exists positive integer N such that
(ii) A sequence {x n } in X is called Cauchy in the topology τ if, for every t > 0 and ε > 0, there exists positive integer N such that
(iii) A Menger probabilistic ϕ-normed space (X, ν, T ) is said to be complete if and only if every Cauchy sequence in X is convergent to a point in X.
The notion of generalized metric space has been introduced by Luxemburg in [12] , by allowing the value +∞ for the distance mapping. In the proof of our main theorem we use the following fixed point theorem in generalized metric spaces [10] (also see [14] ). 
for all x ∈ X and t > 0 (1.2) where, as usual, inf ∅ = +∞.
The following lemma can be proved as in [13] :
Ä ÑÑ 1.5º (cf. [13, 17] ) d G is a complete generalized metric on E.
Probabilistic stability of the functional equation (1.1)
For convenience, we use the following abbreviation for a given mapping f : X → Y :
Ì ÓÖ Ñ 2.1º Let X be a real linear space, (Y, ν, T M ) be a complete Menger probabilistic ϕ-normed space and let f : X → Y be a Φ-approximate solution of the equation (1.1), in in the sense that
where Φ is a mapping from
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then there is a unique additive mapping g : X → Y such that
Moreover, 
(mx). It is easy to check that J is a strictly contractive self-mapping of E with the Lipschitz constant L = α/ϕ(m).
Indeed
,
it follows that d G (f, Jf ) ≤ 1. By using Lemma 1.4 we deduce the existence of a fixed point of J, that is, the existence of a mapping g :
This means that
whence we obtain the estimation
Since for any x ∈ X and t > 0,
The additivity of g can be proven in the standard way, see [14] , [21] . In fact, since T M is a continuous t-norm, then z → ν z is continuous and thus, see [26, Chapter 12] ,
We infer that ν Dg(x 1 ,. ..,x m ) (t) = 1 for all t > 0, which implies
The uniqueness of g follows from the fact that g is the unique fixed point of J in the set h ∈ E : g G (f, h) < ∞ , that is, the only one with the property 
ÓÖÓÐÐ ÖÝ
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Then there is a unique additive mapping g : X → Y such that
Moreover,
The proof immediately follows from the remark that
We note that although the condition (2.5) is stronger than (2.2), it is more convenable to work with the condition (2.6) than with (2.3).
The 
